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Abstract
The paper provides an in-depth look at gated myocar-

dial perfusion single photon emission computed tomog-
raphy (SPECT) data processing. Attention paid to sev-
eral unmentioned subjects of the quantitative analysis
of gated myocardial perfusion SPECT data. The ar-
ticle considers several options in the construction pro-
cess of the ellipsoid coordinate system of the left ventri-
cle (LV). Mathematical representation of polar maps is
given. Formulas of the regional parameters calculation
are proposed. Issues of phase analysis are explored.
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1 Introduction
The radionuclide method of studying the internal or-

gans and systems of the human body is a modern method
of many disease diagnostics. Digital processing of
radionuclide studies is an important stage in obtain-
ing qualitative and quantitative diagnostic information
[Kotina and Ploskikh, 2012; Kotina et al., 2013b]. Cur-
rently, there is a trend towards automation of research
and obtaining accurate quantitative variables [Slomka
et al., 2017; Slomka et al., 2016; Gomez et al., 2018;
Garcia et al., 2007].

Nuclear cardiology is one of the main fields of nu-
clear medicine practice. Gated myocardial perfusion
SPECT allows investigating the perfusion and function
of the heart muscle. Processing of the study includes
many stages [Dorbala et al., 2018]: from tomographic
reconstruction [Kotina et al., 2013a] and motion correc-
tion [Ovsyannikov et al., 2013] to polar map construc-
tion and phase analysis [Chen et al., 2005; Hsu et al.,

2013; Babin and Kotina, 2014]. A large number of pub-
lications are devoted to the data processing. In the arti-
cles [Kotina and Pasechnaya, 2014; Kotina et al., 2019;
Bazhanov et al., 2018], methods of image processing
based on the construction of the velocity field are de-
veloped. A number of papers discuss issues of the my-
ocardium segmentation [Xu et al., 2009; Germano et al.,
2016], the parametric image construction [Slomka et al.,
2017; Gomez et al., 2018; Kuronuma et al., 2021][Ger-
mano and Slomka, 2017], software packages for auto-
mated quantification [Germano et al., 2007; Ficaro et al.,
2007; Garcia et al., 2007], the prognostic value of gated
myocardial perfusion SPECT [Nakajima et al., 2017;
Kuronuma et al., 2021; Cabrera-Rodrı́guez et al., 2013].

Quantitative analysis of gated myocardial perfusion
SPECT was considered in [Ploskikh and Kotina, 2018].
This paper continues research in this direction, and some
challenges of ECG-gated SPECT data processing are
discussed, such as the ellipsoid coordinate system cal-
culation, polar map representation, regional parameters
estimation and circular statistics application.

2 Gated Myocardial Perfusion SPECT
Radionuclide myocardial perfusion imaging (MPI)

with single-photon emission computed tomography
(SPECT) is the widely used technique for detecting is-
chemic heart disease in clinical practice.

Myocardial perfusion tomoscintigraphy synchronized
with the ECG signal (gSPECT) provides information
on perfusion defects, LV function, regional wall mo-
tion, thickening, and dyssynchrony. The accuracy of the
quantitative function and perfusion analysis effects on
the prognostic impact. Automated quantitation contin-
ues to be a challenging field of research. In this article,
we consider the principles and give the accurate formu-
las for the main constructions and quantitations of the
most important parameters.
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2.1 The processing algorithm of myocardial perfu-
sion study

The study is conducted in ECG-gated tomographic ac-
quisition mode [Dorbala et al., 2018].

After the acquisition and reconstruction [Kotina et al.,
2013a] a sequence of three-dimensional images Vk, k =
1 . . . N is obtained. The images represent information
on the distribution of the radionuclide in the LV my-
ocardium at different intervals of the representative car-
diac cycle [Kotina et al., 2013b].

Mathematical processing workflow shown on the fig. 1
is thoroughly explained in [Ploskikh and Kotina, 2018].

Figure 1. Cardiac gSPECT processing workflow

At the initial stage the phase and magnitude three-
dimensional images are calculated from the source data.
They provide additional information helpful in manual
intervention.

The source volumes are averaged to get the ungated
image. It is used in segmentation to determine LV vox-
els. Approximation of voxel positions produces the el-
lipsoid grid. The ellipsoid is the prolate spheroid with
short axis length Rs and long axis length Rl. The grid
consists of nodes formed by intersections of latitude and
longitude lines. The nodes define the base grid surface
that is subsequently used to obtain LV surfaces. All sur-
faces and parameters are thus bound to the grid nodes.

The mid-myocardial surfaces are determined as offsets
from grid node positions along the grid normals. The
initial approximation is found with the help of the LoG-
detector along the normal profiles of the source perfusion
volumes. The surfaces themselves are obtained by opti-
mizing the deviations from the initial approximation and
adjacent nodes.

Sampling the gated volumes at nodes of corresponding
mid-myocardial surfaces produces perfusion polar maps
that are subsequently used to calculate the phase map.

The valve plane is obtained from end-diastolic mid-
myocardial surface and averaged perfusion map by ap-

proximation of underperfused area boundaries.
Epi- and endocardial surfaces construction is carried

out by displacing the mid-myocardial surface along its
normal. The displacement value is found using a combi-
nation of thresholding and optimization methods, local
perfusion values, and a condition of constant myocardial
volume bound by the valve plane. The functional maps
of thickening and wall motion are based on the obtained
surfaces.

Volumes constrained by endomyocardial surfaces and
valve plane define the volumetric curve which in turn
used to calculate hemodynamic parameters.

2.2 Latitude selection
The grid is defined as a set of nodes regularly spaced in

latitude and longitude. A number of different definitions
of latitude are used in geodesy, but little attention is paid
to their application in the context of the LV coordinate
system. The parametric latitude β was used in previous
work[Ploskikh and Kotina, 2018]. This paper considers
the application of the rectifying latitude.

The rectifying latitude µ can be defined through the
meridian distance to apical pole l(β):

µ = −π
2

+ π
l(β)

l
(
π
2

) , (1)

l(β) =

β∫
−π2

√
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R2
s −R2

l

R2
l

sin2 θdθ. (2)

Fig. 2 shows the distribution of uniformly selected
parametric and rectifying latitudes on a prolate spheroid.
It can be noted that the parametric latitude lines have a
higher density in the vicinity of the poles.

The inverse formula for β(µ) can be defined, but exact
implementation is out of scope of this work.

In addition to choosing the type of latitude, two ways
to form a uniform distribution ofNlat non-polar latitudes
can be defined:

θ1,j = −π
2

+
πj

Nlat + 1
, j = 1 . . . Nlat, (3)

θ2,j = −π
2

+
π

Nlat

(
j − 1

2

)
, j = 1 . . . Nlat. (4)

2.3 Grid generalization
Let’s introduce the following generalizing parameters

into the process of creation of the ellipsoid grid: latitude
type (parametric or rectifying), type of latitude distri-
bution t ∈ {1, 2}, number of non-polar latitudes Nlat,
number of longitudes Nlon, sectoral longitudinal shift
∆ ∈ [0, 1). For consistency with the previous work,
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Figure 2. Uniform distribution of parametric (left) and rectifying
(right) latitudes

we define the parametric latitude βi and longitude λi of
(NlatNlon + 2) grid nodes as follows:

βi =

{
β(θt,b(i−1)/Nlonc+1) if rectifying
θt,b(i−1)/Nlonc+1, if parametric , (5)

µi =

{
θt,b(i−1)/Nlonc+1 if rectifying

µ(θt,b(i−1)/Nlonc+1), if parametric , (6)

λi =
2π

Nlon
(i− 1 + ∆), (7)

for non-polar nodes where i = 1 . . . NlatNlon, and

βNlatNlon+1 = µNlatNlon+1 = −π2 ,
βNlatNlon+2 = µNlatNlon+2 = π

2 ,
λNlatNlon+1 = λNlatNlon+2 = 0,

(8)

for poles.
The next section discusses the effect of these parame-

ters on the computation of regional values on polar maps.

3 Polar maps
The ellipsoid grid allows us to extract a standard num-

ber of data samples Si, i = 1 . . . (NlatNlon + 2) regard-
less of myocardial size. These samples represent the
state of distinct regions of the myocardium and can be
displayed two-dimensionally as a polar map.

3.1 Polar map definition
A polar map is based on polar azimuthal equidistant

projection. The samples are color coded and then placed
in unit circle as follows

(
xi
yi

)
=
l(βi)l

(
π
2

)
π
2 + µbas

(
cosλi
sinλi

)
, (9)

where x2
i + y2

i ≤ 1, and µbas is the basal latitude.
Samples with rectifying latitude more than µbas are ig-
nored as they are usually located in the basal area across
the valve plane and do not represent myocardium. The
selection of the basal latitude is implementation depen-
dent. About two thirds of arc length adjacent to apex are
used in practice.

The formula (9) is simplified using the rectifying lati-
tude:

(
xi
yi

)
=

π
2 + µi
π
2 + µbas

(
cosλi
sinλi

)
. (10)

Figure 3 shows polar maps based on different types of
latitude. An increased density of samples in the apex
region can be noted for the parametric case.

3.2 Regional parameters
The polar map is divided into 17 or 20 segments (fig. 4)

to assess the regional parameters of the myocardium.
The segment is defined via latitudinal (µ−, µ+) and

longitudinal (λ−, λ+) bounds. The segment value cal-
culated as weighted average of grid samples:

Sseg =

NlatNlon∑
i=1

wlati wloni warei Si

NlatNlon∑
i=1

wlati wloni warei

, (11)

where wlati is a latitudinal weight, wloni is a latitudinal
weight, warei is area weight defined by formulas
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Figure 3. Perfusion polar maps constructed with parametric latitude
(top) and rectifying latitude (bottom)

Figure 4. 17-segment (left) and 20-segment(right) models used for
semiquantitative visual scoring

where

x|[a,b] = max(a,min(x, b)) (15)

is a clamp operator and

∆µi = µ(i+Nlon) − µi,
∆λ = π

Nlon
,

∆β = µ(i+Nlon) − µ(i−Nlon).
(16)

Figure 3.2 shows that with careful selection of pa-
rameters the formulas (12–13) can be written in simpler
forms:

wlati =

{
1, µi ∈ [µ−, µ+]
0, µi /∈ [µ−, µ+]

, (17)

wloni =

{
1, λi ∈ [λ−, λ+]
0, λi /∈ [λ−, λ+]

, (18)

however to compare data from different sources the gen-
eralized forms to be used.

4 Phase
Phase analysis is a perspective approach as the nonuni-

form phase distribution is one of the indicators of LV
mechanical dyssynchrony. It is based on the phase polar
map obtained by the formula:

φi = atan2(bi, ai), (19)

where

ai = 2
N

N∑
k=1

Pk,i cos 2π(k−1)
N ,

bi = 2
N

N∑
k=1

Pk,i sin 2π(k−1)
N ,

(20)

and Pk,i is the perfusion polar map of k-th gating inter-
val.

Since the polar map representation is morphed, it is
difficult to objectively determine the size of defects from
it. A way to analyze the phase distribution is to represent
it in the form of a histogram.

When constructing a histogram, account should be
taken of the nonuniform spatial distribution of the grid
nodes. To address this issue the phase value at a grid
point is taken with an area weight defined by (14).

A small set of analyzed values is usually used in the
context of decision-making automation. To analyze the
phase uniformity the following distribution parameters
are usually selected: mean (φ), standard deviation (σ),
skewness (s), excess kurtosis (k). It should be noted that
the phase is a periodic quantity, and therefore standard
linear statistics are not suitable for its analysis. Circular
statistics should be used, in particular circular mean

φc = φ1, (21)

circular standard deviation

σc =
√
−2 ln

(
R1

)
(22)
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Figure 5. Segmented polar maps (µbas = π
8 ):

top — parametric,Nlat = 31, t = 1,Nlon = 24, ∆ = 0;
bot — rectifying,Nlat = 32, t = 2,Nlon = 24, ∆ = 0.5.

circular skewness

sc =
R2 sin

(
φ2 − 2φ1

)(
1−R1

)3/2 (23)

and circular kurtosis

kc =
R2 cos

(
φ2 − 2φ1

)
−R4

1(
1−R1

)2 (24)

where

φn = Arg (mn) , (25)

Rn = |mn| , (26)

and

mn =

NlatNlon∑
i=1

wlati warei eiφin

NlatNlon∑
i=1

wlati warei

, (27)

is a weighted circular moment of phase distribution on
the whole polar map segment (µ− = 0, µ+ = µbas).

Comparison of different statistics on four real cases is
shown in figure 6 and table 1.

Figure 6. Four cases of phase map histograms are analyzed with con-
ventional (left) and circular (right) statistics
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Table 1. Comparison of statistic values on real cases

Statistics 1 2 3 4

φ,◦ 137 161 118 160

φc,
◦ 137 154 108 132

σ,◦ 11 42 44 81

σc,
◦ 11 35 34 76

s 1.1 2.5 2.7 0.66

sc −2.9 −1.2 −1.0 −0.17

k 4.5 7.5 8.6 −0.16

kc 8.6 7.3 11 0.99

The following conclusions can be deduced from the re-
sults. First, the means and standard deviations have sim-
ilar values on narrow distributions. Second, on wide dis-
tributions linear mean tend to bias toward 180 degrees,
and linear standard deviation is greater than circular one.
Third, values of skewness and excess kurtosis have bad
correlation between linear and circular statistics. In gen-
eral, the circular means and standard deviations show
better behaviour in most cases than its linear counter-
parts.

5 Conclusion
The paper provides an in-depth look into myocardial

perfusion gated SPECT data processing. Gated SPECT
myocardial perfusion imaging remains one of the most
important diagnostic procedures. This article addresses
previously unmentioned issues of the algorithm imple-
mentation. The algorithm is considered as a data pro-
cessing workflow. The calculation steps and data flow
direction are described. Close attention is paid to several
processing stages.

The process of LV ellipsoid coordinate grid construc-
tion is generalized. Different latitude definitions are con-
sidered. The parameters of the grid construction are in-
troduced. The application of rectifying latitude in com-
bination with the parameters selection helps in simplify-
ing calculation processes.

The definitions of the LV polar map and polar grid
segments in terms of the coordinate system are intro-
duced. The formulas of regional parameters calculations
are given. Selection of the basal latitude is implementa-
tion dependent and remains an open issue.

Special attention is paid to phase polar maps. The ap-
plication of circular statistics to analyze phase histogram
is considered. Test on real data shows that circular statis-
tics have better behaviour in patologic cases. The use of
skewness and excess kurtosis don’t look promising with-
out further research.
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